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Abstract

The vapor bubble interface for nucleate pool boiling of a binary mixture subjects to both concentration gradient and
temperature gradient\ which give rise to interfacial shear\ and may create Marangoni ~ow[ A proposed microwedge
model is adopted to demonstrate that\ variation of surface tension along microwedge interface would be bene_cial for
liquid layer merging each other\ and consequently\ detaching fully grown bubbles from the heated surface even under
microgravity[ This is in quite good agreement with the experimental observations in the literature[ The model can be
further extended to explain pool boiling phenomena of binary mixtures at high heat ~uxes or even CHF under
microgravity[ Þ 0887 Elsevier Science Ltd[ All rights reserved[

Nomenclature

a constant
b constant
A constant\ surface area ðm1Ł
B surface area ðm1Ł
Bo Bond number
hfg latent heat ðW kg−0 KŁ
k curvature ðm−0Ł
m¾ "x# mass ~ow rate ðkg s−0Ł
p\ P pressure ðN m1Ł
q¾\ qý heat ~ux ðW m−1Ł
r bubble radius ðcmŁ
R dimensionless variable
s interface tangential direction ðmŁ
T temperature ð>CŁ
u velocity ðm s−0Ł
x component concentration\ mass percentage\ x direc!
tion coordination
y\ z coordinations[

Greek symbols
u liquid superheat ð>CŁ
s surface tension ðN m−0Ł

� Corresponding author[

j\ l dimensionless variables\ constant
g activity coe.cient ðN s m−1Ł
m viscosity ðN s m−1Ł
d concentration boundary thickness\ liquid layer thick!
ness ðmŁ[

Subscripts
l liquid
lg liquidÐgas interface
w wall surface
� bulk liquid
s saturated liquid
0 component 0
1 component 1[

0[ Introduction

There is much published information regarding exper!
iments on pool boiling of mixtures\ and considerable
e}ort has been made to develop physical models descri!
bing the phenomena[ The pool boiling heat transfer rate
of binary mixtures is generally lower than that of an
equivalent ideal pure component[ Most of the inves!
tigators attribute the lower heat transfer coe.cients in
the mixtures to the additional mass di}usion resistance
of the volatile component to the vapor bubble[ Several
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semi!empirical correlations for the prediction of the boil!
ing heat transfer coe.cient are available in the literature
ð0Ð2Ł[ It can be seen that most of these correlations were
derived assuming that vapor bubbles grew in a uniformly
superheated in_nite liquid[ However\ it is not true for
vapor bubbles growing on a heated surface[ Thus\ despite
decades of e}orts\ there is still a lack of techniques and
methods for the prediction of nucleate pool boiling heat
transfer of binary mixtures[

It is well known that surface tension is a strong function
of component concentration[ In the so!called positive
binary systems\ the volatile component has a lower sur!
face tension[ Hovestreijdt ð3Ł demonstrated that surface
tension gradients along the vapor!liquid interfaces
between neighboring bubbles may build up due to con!
centration gradients caused by preferential evaporation[
This is probably the earliest study on the e}ect of con!
centration gradients on boiling of mixtures[ More
recently\ Abe et al[ ð4Ł have conducted pool boiling exper!
iments with non!azeotropic water!ethanol mixtures
under 09 s microgravity conditions available from a drop
shaft facility with a 389 m free fall\ from which they
concluded that boiling heat transfer is enhanced under
microgravity compared with terrestrial conditions due to
the Marangoni e}ect in positive binary mixtures caused
by concentration gradient[ This phenomena will be
focused in the present study[ Examining the role of Mar!
angoni e}ect on boiling will not only be bene_cial for
proposing more satisfactory heat transfer correlations\
but will also provide some new insight into our fun!
damental understanding of the heat transfer mechanism
of binary mixtures both under microgravity and under
terrestrial conditions[ The study of Marangoni e}ect
caused by concentration gradient would be an area that
merits further study[

Another portion of the current investigation presents
a renewed e}ort in the study of the bubble detachment
mechanism\ especially under microgravity[ Boiling heat
transfer will play an important role in future thermal
engineering in space[ Siegel ð5Ł did several early studies
on microgravity pool boiling up to the mid 0859s[ Lately\
Merte ð6Ł\ Abe et al[ ð4Ł\ Christopher et al[ ð7Ł and Straub
et al[ ð8Ł carried out microgravity pool boiling exper!
iments or:and theoretical research[ Boiling experiments
in microgravity exhibit the high heat transfer coe.cients
as under terrestrial conditions\ where the bubble also
departs from the heater surface and thus contributes to
the agitation of the liquid[

In search of an explanation of the high heat transfer
rate associated with nucleate boiling\ a liquid layer evap!
oration model was _rst developed by Snyder et al[ ð09Ł[
The model attributes a signi_cant portion of the total
heat transfer rate in boiling to the rapid evaporation of
the microlayer which forms underneath a growing bubble
on a heater surface[ Many investigators have conducted
indirect experimental or direct measurements of the

microlayer thickness to predict indicate microlayer for!
mation in nucleate boiling[ Their experimental results
showed that the liquid microlayer was almost wedge
shaped and as the bubble grew in size\ the microlayer
thickness decreased and the radius of the dry spot for!
ming underneath the bubble increased[ They attribute
the reduction in the microlayer thickness with time solely
to liquid evaporation and concluded that radial ~ow of
liquid into the microlayer was negligible[

Recently\ Straub et al[ ð8Ł propose a microwedge model
to describe the primary mechanism of boiling heat trans!
fer under microgravity[ The model considers the evap!
oration at the interface of the bubble base and mass ~ow
in the wedge between the interface and the heater surface
due to capillary forces[ This microwedge e}ect is regarded
as the primary mechanism of boiling[ It is caused by
surface tension and is therefore independent of gravity[

For nucleate pool boiling of binary mixtures under
microgravity conditions\ surface tension is typically a
strong function of concentration[ Depending on the
binary mixtures\ the surface tension gradient caused by
the concentration gradient can be quite large[ Therefore\
some special e}ects may result at the interface of the
microwedge layer[

We propose a method for calculating surface tension
of binary mixtures with a bubble growing in the con!
centration boundary layer[ A microwedge model for
nucleate pool boiling of binary mixtures under micro!
gravity is suggested[ The characteristics of the micro!
wedge layer change is demonstrated by solving the phase
interface\ momentum\ and energy equations\ and the
bubble detachment mechanism is shown accordingly[

1[ Physical considerations

1[0[ General concept

As shown in Fig[ 0\ in the so!called positive non!azeo!
tropic binary mixtures system\ such as water!ethanol and
water!methanol mixtures\ the preferential evaporation of

Fig[ 0[ Physical model[
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the more volatile component into the bubble from its
surface is more intensive in the zone closer to the heater[
The liquid\ adjacent to the heater surface where bubbles
are generated at the speci_c nucleation sites\ would be
depleted of the higher volatile component[ This forms a
concentration gradient from the bulk ~uid to the wall
with the high volatile component di}using from the bulk
~uid to the liquid layer adjacent to the heater surface[
Therefore\ the growing bubble in the thermal boundary
layer\ is also existing in a concentration boundary layer[
As shown in Fig[ 0\ dt is the thermal boundary layer
thickness in which liquid temperature varies from wall
temperature Tw to the bulk liquid temperature T� "or
Ts for saturated boiling#[ The steady!state temperature
pro_le will ultimately establish a linear pro_le between
the wall surface "y � 9# and y � dt\

u

uw

�
dt−y

dt

"0#

where u �"T−Ts# or "T−T�#[
In the concentration boundary layer dc\ the volatile

component concentration varies from wall concentration
x0\w to bulk liquid concentration x0\9 as shown in Fig[ 0[

1[1[ Surface tension model for `rowin` bubble on a heatin`
wall surface

For a binary mixture such as waterÐethanol or waterÐ
methanol\ the surface tension can be adequately ex!
pressed as

s � x0s0"Ti#¦"0−x0#s1"Ti# "1#

x0 is the interfacial concentration of one component 0[
This is di}erent from those based on bulk liquid com!
position and are un_t for our analysis of a growing bub!
ble in the concentration boundary layer[

As is the case for most pure liquids\ the surface tension
decreases almost linearly with temperature[ Conse!
quently\ curve!_t equations for surface tension data are
almost linear in nature and the surface tension of each
component are assumed to be linear relation of the form

s"T# � C9−C0T "1a#

The constants c9 and c0 are given by Jaspar ð00Ł[
The growth of a bubble controlled by heat transfer

would stand for the case that the bubble grew large
enough\ so as the vapor bubble pressure is nearly equal
to liquid saturated pressure which may be assumed to be
constant[ In addition\ tangential vapor ~ow along the
bubble interface often occurs rapidly[ In terms of this
opinion\ the vapor pressure of a binary mixture can be
expressed as

Pv � x0g0P0¦"0−x0#g1P1 "2#

Here the activity coe.cient gi is not unity for most liquid
mixtures with strong molecular interactions\ which can

be usually determined from the two!parameters Wilson
equations ð01Ł\

ln gi � −ln"xi¦xjlij#¦$
lij

xi¦xjlij

−
lji

xi¦xjlji% "3#

The constants lij and lji can be determined from exper!
imental data for mixtures and are independent of tem!
perature over the range of interest[

The vapor pressures of pure components Pi\ are cal!
culated from the Antoine equation\ i[e[

ln Pi � Ai−
Bi

T¦Ci

"4#

where the constants Ai\ Bi\ and Ci can be found in the
literature[

Using the chain rule\ the following equation is obtained
from equation "1#

ds

dT
� ðs0"Ti#−s1"Ti#Ł

dx0

dT
¦$x0

dx0

dT
¦"0−x0#

ds1

dT %
"5#

Di}erentiating equation "2# with respect Ti and setting
the result equal to zero\ we have

dx0

dT
�

$x0

d lnP0

dT
¦"0−x0#

g1

g0

P1

P0%
g1

g0

P1

P0

−0−x0

d ln g0

dx0

−"0−x0#
g1

g0

d ln g1

dx0

P1

P0

"6#

The variation of surface tension with respect to volatile
component concentration is given as

1s

1x0

�
1s

1T
1T
1x0

"7#

The surface tension gradient in tangential directions can
be obtained as

ds

ds
�

ds

dT
dT
ds

"8#

From equations "5# and "6#\ then\

ds

dx0

and
ds

ds

can be calculated for a given temperature distribution[

1[2[ Discussion

As a typical illustrating example\ if the temperature
gradient along bubble interface is assumed to be
−1[56×092>C m−0\ for ethanolÐwater and methanolÐ
water mixtures\ the results are shown in Figs 1Ð4[

The surface tension of the more volatile component
may be smaller than that of the less volatile component[
Hence\ the concentration gradient along the bubble inter!
face will generate a force which drags the liquid adjacent
to interface toward the bubble bottom on the heating
wall[ Though surface tension gradients caused by tem!
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Fig[ 1[ Surface tension derivative vs temperature as a function
of temperature for ethanolÐwater[

Fig[ 2[ Surface tension derivative vs temperature as a function
of temperature for methanolÐwater[

Fig[ 3[ Surface tension gradient as a function of temperature for
ethanolÐwater[

perature gradients have the opposite e}ect\ the above
mentioned predicted results show that the concentration
e}ect is larger than the temperature e}ect on surface
tension for growing bubbles in a thermal boundary layer[
Therefore\ compared with pure liquid boiling where the

Fig[ 4[ Surface tension gradient as a function of temperature for
methanolÐwater[

bubble surface tension is only subjected to the tem!
perature gradient\ the vapor bubble of binary mixtures
under microgravity could experience a Marangoni force
directed from the top to the bottom of the bubble[ This
kind of Marangoni ~ow may be very intensive[

Depending on the mixture component\ the liquid ~ow
induced by the Marangoni force can prompt bubble
detachment and enhance convective heat transfer along
the surface[

2[ Microwedge model

2[0[ Proposed analytical model

The physical model shown in Fig[ 0\ with the con!
sideration of surface tension as discussed above\ could
hold true also for nucleate pool boiling of binary mixtures
under microgravity[ Under the action of surface tension
gradient and pressure gradient caused by the interface
curvature\ the liquid will ~ow toward the heating surface
with a microwedge interface[ Besides it may exist a very
thin liquid layer adhered on the surface beneath the grow!
ing bubble[ Analysis of the ~ow in microwedge liquid
layer will not only play an important role in explaining
heat transfer mechanism\ but also be bene_cial for the
analyzing bubble detachment mechanism[

Referred to Fig[ 0\ de_ning dimensionless variables j

and l as

j �
z
r9

and l �
r
r9

\

r9 is the radius of curvature at point 9 in Fig[ 0[ The
bubble interface equation considering surface tension
varies with temperature and composition can be written
ð02Ł as
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jý

ð0¦"j?#1Ł2:1
¦

j?

lð0¦"j?#1Ł0:1
�

1s9

s"T\x0#
¦

"rv−rl#`r1
9

s"T\x0#
j

"09#

where the ? and ý denote 0st and 1nd derivatives with
respect to l\ respectively[ For such a second!order ordi!
nary di}erential equation\ two boundary conditions are
required[ As a consequence of the choices of coordinate
systems and the symmetry of the bubble\ it is required
that

l � 9\ j � 1R\ j? � 9 "00#

where 1R is dimensionless bubble height in Fig[ 0[
Supposed that the bubble surface tension of binary

mixtures varied with temperature\ s � a¦bT[ However\
whether the condition is true or not\ it does not a}ect the
essence of our analysis[ Solving equation "09# analytically
is virtually impossible\ but for the microwedge liquid
layer\ "j?#1 ð 0\ equation "09# can be simpli_ed as

jý¦
j?
l

�
1−Boj

0¦Aj
"01#

Two solutions exist for equation "01# depending upon
the gravitational environment ]

"0# when Bo ¼ 9\ combining equation "00# and equation
"01# yields the solution

j¦
Aj1

1
� −

0
1

l1¦1R¦1AR1 "02#

"1# when Bo � 9\ combining equation "00# and equation
"01# yields the solution

A
Bo

j1−
3"1A¦Bo#

Bo2 $00−
Bo
1

j1$00−
Bo
1

j1
×ln 00−

Bo
1

j1−00−
Bo
1

j1%%� −
0
1

l1¦
A
Bo

3R1

−
3"1A−Bo#

Bo2
ð"0−BoR#ð"0−BoR#

×ln"0−BoR#−"0−BoR#Ł "03#

It is shown from the results plotted in Fig[ 5 that\ under

Fig[ 5[ Change of microwedge interface[

terrestrial conditions\ buoyancy plays a dominant role
and the microwedge interface de~ects above for both
binary mixture and single components[ While under
microgravity\ A ³ 9 for single components\ the micro!
wedge interface still de~ects upward\ which means the
surface tension gradient plays a similar role as buoyancy
in bubble detachment[ For binary mixtures\ A × 9\ the
microwedge interface ~attens thereby[ The change of the
microwedge interface has a direct relationship with
changing of contact line in a macroscopic sense[ For
single components\ microwedge interface de~ects above\
just the same as being analyzed in Ref[ ð02Ł[ The mech!
anism of bubble detachment for binary mixtures di}ers
from single components under microgravity which has
been reported in previous experimental observation ð4Ł[

The liquid is driven mainly by the surface tension gradi!
ent and the curvature gradient\ the simpli_ed NavierÐ
Stokes equation can be written for the velocity in the
microwedge layer as

d1u

dy1
�

0
m

dp0

dx
"04#

with the boundary conditions

y � 9\ u � 9 "05#

y � d\ m
1u
1n

�
1s

1s
"06#

For binary mixtures\ the second boundary condition
signi_cantly a}ects the velocity distribution because of
large gradients in concentration and temperature\ and
consequently the surface tension gradient[

Solving equations "04#Ð"06#\ we obtain

u �
0
m

dp0

dx 0
y1

1
−dy1¦

y
m

ds

dx
"07#

Integrating equation "07# across the liquid _lm\ yields the
mass ~ow rate in the liquid _lm\ m¾ "x#\ as

m¾ "x# � 0
d2s

2n

dk
dx

¦
d1

1n

ds

dx11px "08#

Therefore\ the mass ~ow rate is related to the heat ~ux
by the following equation

q¾ "x# � ¦m¾ "x#hfg:px1 "19#

That is\ low heat ~ux means low mass ~ow rate[ With the
data presented for ethanolÐwater and methanolÐwater
mixtures in Fig[ 3 and Fig[ 4\ the lower surface superheat\
the larger the surface tension gradients\ and hence\ the
more important role the second term in equation "08#
will play[ Figures 6 and 7 show the mass ~ow rate as a
function of x[ The surface tension gradient strongly
a}ects the change of interface curvature and prompts
liquid layers to be connected to each other[ For illus!
tration\ considering two liquid layers formed by a liquid
phase "0#\ surrounded by a gas phase "g#\ as shown in Fig[
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Fig[ 6[ Mass ~ow rate and individual contributions to mass ~ow
rate vs position for ethanolÐwater[

Fig[ 7[ Mass ~ow rate and individual contributions to mass ~ow
rate vs position for methanolÐwater[

8 once merging takes place\ the total work interaction for
the processes is given by

wsp � slg "1A−B# "10#

for 1A × B\ wsp is also greater than zero\ which implies
that work can be extracted and change to kinetic energy
of liquid layer\ thus enhance the merging process[

Higher heat ~uxes mean higher evaporation mass rates

Fig[ 8[ Illustration of liquid layer merging[

which results in much larger radial mass ~ow rate[
However\ as shown in Fig[ 3 and Fig[ 4\ the higher super!
heat means a smaller surface tension gradient[ Therefore\
for a given large evaporation mass rate\ the interface
curvature must change greatly to enhance the radial mass
~ow rate[ This kind of interface change results in for!
mation of dry spots\ which will increase the local tem!
perature and enhance evaporation[ Consequently\ the
interface will change continuously and move backward[
If the contact angle is approximately 89>\ a local insta!
bility follows and a critical heat ~ux may result[ In other
words\ the model proposed here can be extended to
describe the critical heat ~ux[

2[1[ An alternate analysis

In order to emphasize the role of ds:dx\ we consider the
role of the curvature gradient term being unchangeable[
Then for steady ~ow\ the combined mass and energy
balances will be

qý1px dx � −hfg dm¾ "x# "11#

Equation "08# can be accordingly simpli_ed as

m¾ "x# �
d1

1n0c¦
ds

dx11px "12#

Combining equations "11# and "12#\ we have

qý1px � −hfg

d1

1n0
ds

dx
¦c11px−1px0

ds

dx
¦c1

d

n
hfg

dd

dx

"13#

Solving equation "13# gives

d � &
1nqý

−20
ds

dx
¦c1hfg'

0:1

x0:1 "14#

From equation "14#\ for binary mixtures\ ds:dx would
be a negative value\ and hence reduces the liquid layer
thickness\ i[e[ the liquid layer will become ~atter when
considering the e}ect of the surface tension gradient[ This
conclusion is consistent with above analysis[ In addition\
the e}ect of heat ~ux is more obvious from equation
"14#[ The larger the heat ~ux\ the larger the liquid layer
thickness will be[ This means that microwedge layer inter!
face will move outward at a higher heat ~ux\ which is
also consistent with the above analysis[

3[ Conclusions

Interfacial behavior of vapor bubbles growth in binary
mixtures "ethanolÐwater\ methanolÐwater# is studied[
For nucleate pool boiling of binary mixtures\ the bubble
growing in a thermal boundary layer is also existing in a
concentration boundary layer[ The nonuniform mixture



L[H[ Chai et al[:Int[ J[ Heat Transfer 30 "0887# 2418Ð2424 2424

concentration has a great e}ect on bubble interface
behavior[ A model for surface tension at the interface is
developed[ Di}ering from pure liquid component vapor
bubbles\ Marangoni ~ow around binary mixture bubbles
are directed from the top to the bottom of the bubbles[

A reasonable microwedge model for nucleate pool boil!
ing of binary mixtures under microgravity is proposed[
The surface shear due to composition gradients and tem!
perature is an important factor which a}ects the behavior
of the microwedge interface and thus bubble detachment[
At di}erent levels of heat ~ux\ the interfacial curvature
of the microwedge is subjected to di}erent modes of
change[ The theory proposed here veri_es the phenomena
reported previously and even can be extended to explain
the CHF phenomena of pool boiling of binary mixtures
under microgravity conditions[
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